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Two More Powerian Pairs in the Arbelos

Quang Tuan Bui

Abstract. We construct two more pairs of Archimedes circles analogous to
those of Frank Power, in addition to those by Floor van Lamoenand the author.

Consider an arbelos with semicircles(O), (O1), (O2) with diametersAB, AC,
BC as diameters respectively. Denote byr1 andr2 respectively the radii of(O1)
and(O2), andD the intersection of(AB) with the perpendicular toAB atC. If P

is a point such thatOP 2 = r2

1
+ r2

2
, then the circles tangent to(O) and toOP at

P are Archimedean. Examples were first given in Power [3], subsequently also in
[1, 2].

We construct two more Powerian pairs.
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Figure 1

Let P1 be the intersection of the circlesA(C) and B(D). ConsiderOP1 as
a median of triangleP1AB, we have, by Apollonius’ theorem (see, for example,
[4]),
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Similarly, for P2 the intersection ofB(C) andA(D), OP 2
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= r2
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2
. Therefore,

we have two Powerian pairs atP1, P2.
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